□

□

A

M

S

∗

∗

∗

∗

1

r r

r

r

∫

∫

~ ~

∫

~

A

A

x

x

x

n

n

m c m c

m c

m

F

F F

F

F

F F

T yp eset b y -T

E

X

1

3.1

               3.2’ Pr

                                                                  op

                                                          osition.

               The

        or
em 5.9’

∞ { ∈ ‖ ‖ ≤ } −

{ ∩ ∈ }

∈

→

∈

→

∈

≥ −

⇒

⇒

{ ∩ ∈ } ∩

→

{ ≥ }

≥

≤

“Measurabilit y in a Banac h space, I I”

X X

μ X , μ

ε > M < x X x M > ε

A A X , ,

ν ν A μ A A

φ X φ x x

m A φ dν , A

ψ X

φ

m A ψ dν , A .

ν ψ ν φ ν K μ K ε

μ

μ X ,

B B

A B A X , μ μ A B μ A

φ X

x φ dμ μ ε

μ ε ω x ω t X ,

μ ε X ,

e e

l

>

<

If has the PIP and the R adon-Niko d́ ym pr op erty, then is me as-

ur e-c omp act.

Pr o of.

(Se e note adde d in pr o of.)

F or any set , the sp ac e has the L eb esgue-PIP.

Pr o of.

Errata fo r G. A. Edga r

P age 563 Line 6. Replace b y

P age 563 Line 11. Delete

P age 565 Line 3. Replace b y

P age 565. Replace b y

P age 572. Replace b y

P age 573 Line 21. Move to the end of the p revious pa ragraph.

P age 577 Line -9. Replace b y

Additional Rema rks that than

6 5.6

Prop osition 3.2

Let b e a probabilit y measure on Baire( w eak ). I m ust sho w that is tigh t. Let

0. There is so that Ω = : has outer measure 1 . Define

= Ω : Baire( w eak) . [This is not, in general, equal to Baire(Ω w eak).]

Define a finite measure on b y ( ) = ( ) for all . Then the function

: Ω defined b y ( ) = is b ounded and scalarly measurable. So b y the PIP

, the

v ector measure defined b y

( ) =

exists. By the RNP

, there is a Bo c hner in tegrable function : Ω , w eakly equiv alen t

to , suc h that

( ) =

Therefore = ( ) = ( ) is tigh t, so there is a compact set with ( ) 1 2 . This

sho ws that is tigh t.

(2) (1)

(2) (1). A completely regular space is realcompact if and only if ev ery zero-one Baire

measure is tigh t. Assume (2) holds, and let b e a zero-one measure on Baire( w eak).

There is a ball with p ositiv e outer measure, and hence outer measure 1. Let Ω = ,

= : Baire( w eak) , and define on b y ( ) = ( ). Then the

iden tit y function : Ω is a b ounded scalarly measurable function, so b y assumption it

is P ettis in tegrable. Let = . W e claim that is the p oin t-mass . The measures

and agree on all sets of the form : ( ) whic h generate Baire( w eak) [6,

Theorem 23], so = since b oth are zero-one measures. This sho ws that ( w eak) is

realcompact.

Γ (Γ)

The pro of in the pap er (Theorem 5.9) ma y b e used if [w e only need ,

whic h is still easier].

If , then Axiom K holds (Kunen’s thesis, Theorem 14.7): There is a set of reals

of cardinalit y whic h is not Leb esgue measurable and the set of real n um b ers is not

→

2

□

j j m

m

m r

1

r

1

2

25

307

100 l < l

<

X

φ λ

Z λ Z

P S

D , every

Soviet Math.

Dokl.

Pettis Inte gr al and Me asur e The ory.

Pacific J. Math.

the union of few er than sets of Leb esgue measure 0. Then, b y F remlin & T alagrand [8,

Prop osition 3C], Banac h space has the Leb esgue-PIP .

An in teresting use of P ettis in tegral: A. B. Guliasa ˇ svili, Estimates for the P ettis in tegral

in in terp olation spaces, and a generalization of some im b edding theorems.

(1982) 428–432.

M. T alagrand, Memoirs of the A. M. S. . Among

man y other results, w e ha v e:

16-2-6: (Γ) is measure-compact if and only if card Γ . (Γ) is realcompact if and

only if card Γ .

16-4-1 (p. 199): An example measure-compact, not (C), not Mazur.

G. V era, Caracterizacion de la Madida Imagen de una F uncion In tegrable P ettis, 1985.

is P ettis in tegrable if and only if the induced measure satisfies:

(*) F or ev ery net ( ) of con v ex zero-sets that decreases to the empt yset, ( ) 0.

(In Spanish, so I did not read it.)

R. P ol, Note on the spaces ( ) of regular probabilit y measures whose top ology is deter-

mined b y coun table subsets. (1982) 185–201. The dual ball of [0 1]

is the con tin uous image of a first-coun table space. (p. 16 and fo otnote 10)